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1. Introduction. Let (P,), / -1,2,3,4, be the following statements concerning M,-spaces [3] and stratifiable spaces [1] :
(P, ) Every stratifiable space is an Mx-space. The problems whether the (P,) are true or not are still open. The problems of (P, ). (P2) and (P3) are posed by Ceder [3] . On the other hand, the problem of (P4) is posed by Borges and Lutzer in [2] , where they characterized stratifiable spaces (which coincide with A/2-spaces by [4 and 8] ) as paracompact a-spaces such that each closed subset has a a-closure-preserving neighborhood base which consists of not necessarily open neighborhoods. By Borges [1] and by the recent result of Heath and Junnila [6] . it follows that (P,) ** (P2) -(P3) -(P4). As is well known by Ceder [3, Lemma 7.3] , every closed subset of an M2-space has a closure-preserving neighborhood base. Corresponding to this, let (P4)' be the statement as follows:
(P4)' Every closed subset of an M,-space has a closure-preserving open neighborhood base.
Obviously (P4)' -» (P4). The author in this paper studies the class °P of A/,-spaces satisfying (P4)' and proves that if (P2 ) is assumed to be true, then (P4)' holds.
In this paper, all spaces are assumed to be regular and Hausdorff and all mappings to be continuous and onto unless the contrary is stated explicitly. N always denotes the positive integers. To state the results and the proofs, we give the definitions to the terminology used below. A mapping /: X -Y is said to be irreducible if no closed proper subspace of X is mapped onto Y by /. A space X is said to be monotonically normal [7] According to [7] , every stratifiable space is monotonically normal, and this fact is used below.
2. The class 9. Definition 1. Let UJ be the class of all Mx-spaces satisfying (P4)'. Most common examples of Mx-spaces seem to belong to *3\ For example: (1) stratifiable F0-metrizable spaces due to Gruenhage [5] , (2) M,-spaces with dim < 0 and (3) the closed image of an M0-space (a space which has a a-closure-preserving base consisting of closed and open sets) belong to 9. The proofs are given below implicitly. Every Lasnev space, and more generally every L-space of Nagami [9] , belongs to (.'P, but the converse is not true as shown by [ This contradicts the fact Vm D U" ¥= 0.
In the above proof, if we use only the fact that X is monotonically normal, we obtain the following: (1) X G <3>. Proof. (3) - (1) is trivial. Finally, the author expresses his thanks for the referee's valuable suggestions.
